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Facts about the atmosphere

• The atmosphere is ’kept in place’ on Earth by
gravity

• The Earth-Atmosphere system is ’spinning’ around
the rotation axis of the Earth and is simultane-
ously moving in an eliptical orbit around the
Sun with a period of approx. 365 days

• The ’spinnig’ of the Earth and the associated
variation in incoming solar radiation gives rise
to diurnal variations in the state of the atmo-
sphere (and its underlying surface)

• The movement of the Earth around the Sun
gives rise to seasonal variation in the state
of the atmosphere (and its underlying surface),
since the rotation axis of the Earth tilts with
respect to the orbital plane

• The angular velocity of the Earth is

Ω =
2π · (nd + 1)

nd · 24 · 602
rad sek−1

≈ 7.29·10−5rad sek−1

(1)
for nd=365 days



• In the past variations in orbital parameters (in-
cluding tilt of the Earth’s axis of rotation with
respect to the orbital plane) have given rise to
alternating glacial and interglacial climates
on time scales > 10000 years

• Composition of the atmosphere

• Trace gases

• Layering of and vertical temper-
ature profile in the atmosphere



Constituents of dry air in the Earth’s at-
mosphere



Trace gases in the Earth’s atmosphere



Trace gases in the Earth’s atmosphere -
continued



Global trends in CO2, CH4, N2 O, CFC-12
and CFC-11 in recent years until January
2003 (time inerval: 4 years)



Ozone depletion in the stratosphere

Due to photo-chemical reactions on the
surface of polar stratospheric clouds (ei-
ther water, ice of nitric acid depending on
temperature).

Formation of polar stratospheric clouds oc-
curs at very low temperatures (¡ 80 degree
Celsius).

These cold temperatures occur every win-
ter within the antarctic strotospheric polar
vortex and is a result of of radiative cool-
ing of relatively undisturbed air inside the
vortex.

Less regular and smaller cold spots also oc-
cur in the polar winter stratosphere.

Chemical reactions in the ozone depletion
process requires short wave solar radiation.

Therefore the ozone hole is a spring phe-
nomenon. In this period both solar radia-
tion and cold temperatures are present.

Antropogenically created dhemical compounds
are active in the depletion.



Ozone hole over Antarctica 1 October
2006. The region inside the ring of light
blue has Dobson units below 220.



The layer structure and vertical temper-
ature variation of the US standard atmo-
sphere

It has bee estimated that Dobson units be-
low 220 are due to antropogenic effects.
The stratosphere and thermosphere are layers with
high static stability bounded by the troposphere
and mesosphere with much lower static stability.

This layering results mainly from absorption of so-
lar radiation at the surface of the Eath and in ozone
in the stratosphere



Boundaries of the atmosphere

No clear upper boundary

Radiative equlibrium between incoming short wave
(solar) radiation and outgoing long wave (terres-
tial) radiation

Distinct lover boundary (sea, sea ice, complex
land surface with/without vegetation, snow, ice etc.)

A large number of exchange processes occur across
this boundary (momemtum, heat, trace gases, aerosols,
biologic and antropogenic compounds)

Secondary boundaries

• Tropopause

• Stratopause

• Mesopause



Exchange processes across secondary bound-
aries

Important is mass ecchange between the tropo-
sphere and the stratosphere.

This exchange is typically associated with

• deep convection

• tropopause folding associated with upper tropo-
spheric jet streams and superposed jet streaks.

Interaction between dynamics in the troposphere
and stratosphere (ongoing research field).
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tom: Meteosat Second Generation water
vapor image from 1 July 06UTc 2008



The equation of state of air

To a good approximation the ideal gas law can be
applied, i.e.

p = RρT, (2)

with the gas constant R = R∗/m, where R∗ is the
universal gas constant and m the mean molecular
weight of the constituents of the atmosphere.

Since R = R∗/md · (md/m) the equation of state
can be rewritten

p = RdρTv, (3)

where Rd = R∗/md and Tv = T · md/m is the
virtual temperature. Since md ≥ m it follows that
Tv ≥ T . The relation between T and Tv can be
written

Tv = T ·md/m = T · (1 + ǫq), (4)

where q and md are specific humidity and mean
molecular weight of dry air, respectively and ǫ =
0.61.



Approximate equation of state for
sea water

α ≈ α0 [1 +AT − AP − AS + ATT + ATP ] , (5)

where

AT = βT (T − T0)

AP = βp(p− p0)

AS = βS(S − S0)

ATT = β∗T
2

(T − T0)
2

ATP = βTγ
∗p(T − T0)

In (4) T is absolute temperature, p is pressure and
S salinity of seawater.

Index ”0” refers to reference values (T0=283 K, α0 =
9.73010−4 m3 kg−1, p0=0).

The ”beta”-coefficients are constants (βT = 1.67 ·
10−4 K−1, β∗

T = 1.00 · 10−5 K−2, βS = 0.78 · 10−3

psu−1 and βp = 4.39 · 10−10 m s2 kg−1).

Finally, γ∗ = 1.1 · 10−8 Pa−1.

’psu’ is a practical salinity unit, approximately one
part per thousand.



Conservation equations for

• Momentum

• Energy

• Mass



The momentum equation

D~U

Dt
= −

1

ρ
∇p− 2~Ω × ~U + ~g + ~F , (6)

where ~U is the velocity relative to the rotating
Earth.

The forces on the right hand side are:

• The pressure gradient force

−
1

ρ
∇p = −

1

ρ
(
∂p

∂x
~i +

∂p

∂y
~j +

∂p

∂z
~k), (7)

where ~i, ~j and ~k are unit vectors along the or-
thogonal coordinate axes.

•

The Coriolis force

−2~Ω × ~U = 2Ω(−w cosφ + v sinφ)~i +

+ 2Ω((−u sinφ)~j + (u cosφ)~k) (8)

where φ is latitude and

~Ω = Ω cosφ~j + Ω sinφ~k. (9)



• The gravity force

~g = Ω2 ~R + ~g∗ = −g~k, (10)

where Ω2 ~R is the centrifugal force and ~g∗ is
the gravitational force. ~R is the distance vec-
tor along the outward direction perpendicular
to the axis of rotation

•

The molecular frictional force

~F ≈ ν
(

∇
2u ·~i + ∇

2v ·~j + ∇
2w · ~k

)

, (11)

where ν is the kinematic viscosity.



The momentum equation in spher-
ical coordinates

In spherical coordinates (λ, φ and z) the velocity
components in latitudinal(λ), meridional (φ) and
vertical direction (z) are

u = r cosφDλDt , v = rDφDt and w = Dz
Dt

Since ~U = u~i + v~j + w~k it follows that

D~U

Dt
=
Du

Dt
~i+

Dv

Dt
~j+

Dw

Dt
~k+u

D~i

Dt
+ v

D~j

Dt
+w

D~k

Dt
(12)

Geometrical considerstions leads to

D~i

Dt
=

u

a cosφ

(

sinφ~j − cosφ~k
)

(13)

D~j

Dt
= −

u tanφ

a
~i−

v

a
~k (14)

D~k

Dt
=
u

a
~i +

v

a
~j (15)



In spherical coordinates the momentum equations
become

Du

Dt
+ Sx = −

1

ρ

∂p

∂x
+ 2Ωv sinφ− 2Ωw cosφ + Fx

Dv

Dt
+ Sy = −

1

ρ

∂p

∂y
− 2Ωu sinφ + Fy

Dw

Dt
+ Sz = −

1

ρ

∂p

∂z
− g + 2Ωu cosφ + Fz (16)

where Sx = − (uv tanφ− uw) /a,
Sy = (uu tanφ + vw) /a and Sz = −

(

u2 + v
)

/a.

The thermodynamic energy equa-
tion for a dry atmosphere

cp
DT

Dt
− α

Dp

Dt
= J, (17)

where cp is the specific heat at constant pressure,
J the diabatic heating rate per unit mass (due to
radiation, latent heat release and conduction), α is
specific volume (m3 kg−1), p pressure (in Pa) and
T temperature (in K).



The consevation equation for mass
(or mass continuity equation)

∂ρ

∂t
+ ∇ · (ρ~U ) = 0 (18)

Generalization If ζ is the amount of some
property of the air per unit volume (i.e. the con-
centration of the property), then the continuity
equation for ζ can be written

∂ζ

∂t
+ ∇ · (ζ ~U) = Qv[ζ ], (19)

where Qv[ζ ] is the net effect per unit volume of all
non-conservative processes.

Usually a tracer in the atmosphere is measured
per unit mass of air. The continuity equation for a
tracer mixing ratio ψ then becomes

Dψ

Dt
= Qm[ψ], (20)

where Qm[ψ] is the source/sink term.



Radiation

Absorption and emission of radiation in the atmo-
sphere and at its underlying surface is the most
important diabatic process on Earth. Solar radia-
tion into the Earth-atmosphere system is responsi-
ble for atmospheric circulations.

Black body radiation (Planck’s law)

at temperature T in ,K and wavelength λ

Eλ =
c1

λ5[exp(c2/(λT )) − 1]
, (21)

where c1 = 3.74 · 10−16 Wm2 and c2 = 1.44 ·

10−2 m K.

The Wien displacement law

λm =
2897

T
, (22)

where λm (in micrometer) is the peak emission
wavelength for a black body at temperature T in
Kelvin.



The Stefan-Boltzmann law

Irradiance from a black body at temperature T is

E = σT 4, (23)

where σ = 5.67·10−6 Wm−2 is the Stefan-Boltzmann
constant.



Normalized black body irradiance spec-
tra for the Sun and the Earth



Radiative equilibrium

Radiative equilibrium at the outer edge of the Earth’s
atmosphere (at radius RE) yields

(1 − A)S0πRE
2 = EA · 4πRE

2. (24)

Therefore

EA =
(1 − A)S0

4
= σTE

4. (25)

If the planetary albedo is A = 0.3,
the solar radiation at the top of the atmosphere is
S0 = 1380 Wm−2,
then the equvivalent equilibrium temperature of
the Earth becomes TE ≈ 255.5 K.

A small change δA in planetary albedo results in a
change δTE in the equilibrium temperature, which
is approximately

δTE ≈ −
S0

16σTE
3
· δA, (26)

or at TE = 255.5 K

δTE ≈ −92 · δA, (27)

indicating that climate on Earth is quit sensitive
to small changes in global albedo.



Climate scenario simulation of average ice
cover (percent) in the Polar sea in the
period August to October



Diagram giving a brief and incomplete
overwiev of composition and proper-
ties of and processes occurring in the
atmosphere


